Summary. This article introduces propositional logic as a formal system ([14], [10] , [11] ). The formulae of the language are as follows φ ::
Preliminaries
Now we state the propositions: (1) Let us consider functions f , g. Suppose dom f ⊆ dom g and for every set x such that x ∈ dom f holds f (x) = g (x) . Then rng f ⊆ rng g. Let us consider Boolean objects p, q, r. Now we state the propositions:
Let us consider Boolean objects p, q. Now we state the propositions:
Let us consider Boolean objects p, q, r. Now we state the propositions: (11) (p ∧ q) ∧ r ⇔ p ∧ (q ∧ r) = true. 
The Syntax
Let D be a set. We say that D has propositional variables if and only if (Def. 1) for every element n of N, 3 + n ∈ D.
We say that D is PL-closed if and only if (Def. 2) D ⊆ N * and D has FALSUM, implication and propositional variables.
Let us note that every set which is PL-closed is also non empty and has also FALSUM, implication, and propositional variables and every subset of N * which has FALSUM, implication, and propositional variables is also PL-closed.
The functor PL-WFF yielding a set is defined by (Def. 3) it is PL-closed and for every set D such that D is PL-closed holds it ⊆ D.
Observe that PL-WFF is PL-closed and there exists a set which is PL-closed and non empty and PL-WFF is functional and every element of PL-WFF is finite sequence-like.
The functor ⊥ PL yielding an element of PL-WFF is defined by the term (Def. 4) 0 .
Let p, q be elements of PL-WFF. The functor p ⇒ q yielding an element of PL-WFF is defined by the term (Def. 5) ( 1 p) q.
Let n be an element of N. The functor Prop n yielding an element of PL-WFF is defined by the term (Def. 6) 3 + n .
The functor AP yielding a subset of PL-WFF is defined by (Def. 7) for every set x, x ∈ it iff there exists an element n of N such that x = Prop n. 
The Semantics
The theorem is a consequence of (19) and (13) .
The theorem is a consequence of (19) and (6). (32) p ∧ q ⇒ p is a tautology. The theorem is a consequence of (21) and (2). (33) p ∧ q ⇒ q is a tautology. The theorem is a consequence of (21) and (2). (34) p ⇒ p ∨ q is a tautology. The theorem is a consequence of (23).
(35) q ⇒ p ∨ q is a tautology. The theorem is a consequence of (23). (36) p ∧ q ⇔ q ∧ p is a tautology. The theorem is a consequence of (25), (21), and (9). (37) p ∨ q ⇔ q ∨ p is a tautology. The theorem is a consequence of (25), (23), and (10).
is a tautology. The theorem is a consequence of (25), (21), and (11). r) is a tautology. The theorem is a consequence of (25), (23), and (12).
The theorem is a consequence of (25), (21), (23), and (14) . 
) is a tautology. The theorem is a consequence of (21) and (7). ⇒ r) ) is a tautology. The theorem is a consequence of (23) 
)). We say that
The theorem is a consequence of (50). Proof: Consider f such that f (len f ) = p and 1 len f and for every natural number i such that 1 i len f holds prc(f, F, i). Consider f 1 such that f 1 (len f 1 ) = p ⇒ q and 1 len f 1 and for every natural number i such that [3, (65) , (64)]. For every natural number i such that 1 i len(f f 1 ) holds prc (f f 1 , F, i) .
Proof: Consider f such that f (len f ) = p and 1 len f and for every natural number k such that 1 (60) F ¬A ⇒ (A ⇒ B) . The theorem is a consequence of (53), (54), and (58).
The theorem is a consequence of (53), (57), and (54). Proof: Consider G such that F ∪ {¬A} ⊆ G and G is consistent and G is maximal. Set M = {Prop n, where n is an element of N : Prop n ∈ G}.
Strong Completeness Theorem
2 = f holds if ( rng(f qua (2 L )-valued binary relation) ∪ F ) ∪ {p} is consistent, then $ 3 = ( rng f ∪ F ) ∪ {p} and if ( rng(f qua (2 L )-valued binary relation) ∪ F ) ∪ {p} is not consistent, then $ 3 = rng f ∪ F .
